AHHOTaLMK cTaTel U3 uuKna «K-T1eopus U XapakTepucTuyeckne Knacchl Ha
OAHOPOAHbIX anredbpanyecknx MHOrocodpasmsax»

Ha3sganue:
On the Algebraic K-Theory of Some Homogeneous Varieties
AsTtop:

AHaHbeBckmit Aurekcedi Cepreepru, K.p.-M.H., Miuaammif Hayusbii coTpypuux jaaboparopum um. ILJL
YeOsunesa, CLI6TY

ApnoTainig {pyc.):

Brmuycneda K-teopusi BHYTPeHHHX (opM ogHOpoAHbIX muoroofipasuit G/H i1 CBA3HBIX Def{yKTHBHBIX
anrebpamueckx rpyrm H<G ogHoro padra. [loctpoeH sBHBIN usomopduaM mexiy K-reopueii
paceMaTpuBaeMsix  MHorooOpasuil ¥ K-TeopHell COOTBECTBYIOLHX LIEHTPANBHBIX [POCTHIX anrebp, B
YaCTHOCTH, 11I0Ka3aHo, yTo rpyrma Ko(G/H) aeiserca ceobogHoit abenesoii rpynmoit panra [W(G):W(H)}1. B
KauecTBe Mpuaokenusi onucaHa K-teopusa paga addusmbx ofHopoansix muoroolpassii, B uacTHOCTH,
OKTOHMOHHO#H TIPOSKTHBHO#H IFIOCKOCTH M KBATEPHHOHHBIX NPOEKTHBHBIX NPOCTPAHCTS.

Anxnoraims (aHI )

The K-theory of inner twisted forms of homogeneous varieties G/H with connected reductive algebraic
groups H<G of the same rank is computed. We provide an explicit isomorphism with the K-theory of certain
central simple algebras associated to the considered variety, as a consequence one has that K(G/H) is a free
abelian group of rank [W(GY:W(H)]L. The result is used for the computation of the K-theory of some affine
homogeneous varieties including an octonionic projective plane and quaternionic projective spaces.

Haspanwe:
Exceptional collections of line bundles on projective homogeneous varieties
ABTOpBL:

AnanbeBckuid Anekced Cepreesud, K.p.-M.H., MIa[UIMH HayuHBIH COTPYAHHK nabGoparopum mm. ILJIL
Uebsnuésa, CII6IY
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AnHortaius (pyc.):

HocrpoeHsi HOBble NpUMePhl HCKMOYMTeILHBIX HabOpOB JIHHeHMHBIX PacC/iOeHHH Ha MHorooGpazmsx
BopeneBCKUX TIOArPyTII paclieNMMBIX NONYNPOCTPbIX ajrefpaMdeckMx TPYNN padra 2 Haj MojeM.
Hpenasiensr HCKMOUMTebHble HabOpPEI OXKHJaeMOR UTHHBL 1 Tpymm THna A, ¥ B, ¥ nokasaso, uto

TaKux HabopoB He CYWECTBYET B C/Iydae IPyns Tuna Gy.
Aunsoraims (aBmL);

We construct new examples of exceptional collections of line bundles on the variety of Borel subgroups of a
split semisimple linear algebraic group G of rank 2 over a field. We exhibit exceptional collections of the



expected length for types A, and B,=C, and prove that no such collection exists for type G,. This settles the

question of the existence of full exceptional collections of line bundles on projective homogeneous G-
varieties for split linear algebraic groups G of rank at most 2.

Hazpanue:
The special linear version of the projective bundle theorem
Agrop:

Ananbesckuil Asiekceii CepreeBuu, K.p.-M.H.,, MIaAmMH Hayuderii corpynuuk naboparopus mm. TTJL
YebHriera, CTIOTY

Asnstoranma (pyc.):

CrelHajbHEIM JIHHeHHEM MHorooOpasuem I'paccmanna SGr(k,n) HaselBaeTcs JONOJIHEHHe K HYJI€BOMY
CEYeHHIO OTPEee/TMTENd TaBTO/IOTHYECKOTO BeKTOPHOro paccioeHus Hag I'pacemantuanom Gr(k,n). Jost SL-
OPUEHTUPOBAHHOH IPeICTABMMON TeopUM KOroMoJordi A'(~) © obpaTHMbiM CTaOMIBHLIM 3TeMEHTOM
Xonda seupcaess komeua  A*(SGr(k,n)) mpu wetdom k(n—k). Ins yxasaHHbIX Teopumi KOroMOJIOrHit
NosyueH TIPHHIMIT PaciielvieHHss ¥ NojaydeHo onucaHue koder, A'(BSL.) B TepMUHAX OJHOPOAHBIX
(hOPMAILHEIX CTETIEHHBIX PAJOB OT XapaKTepPUCTHYeCKHX K/IACCOB TABTOIOMHYECKHX PACCHOCHUHA.

AnuoTtaups (anmL):

A special linear Grassmann variety SGr(k,n) is the complement to the zero section of the determinant of the
tautological vector bundle over Gr(k,n). For an SL-oriented representable ring cohomology theory A'(-)
with invertible stable Hopf map n, including Witt groups and MSL,*", we have A*(SGr(2,2n+1))=A"(pt)ie)/
(&™), and A*(SGi(k,n)) is a truncated polynomial algebra over A*(pt) whenever k(n-k} is even. A splitting
principle for such theories is established. Using the computations for the special linear Grassmann varieties,
we obtain a description of A*(BSL,) in terms of homogeneous power series in certain characteristic classes
of tautological bundles.

Ha3zpanme:
O cooruotenuy arebpanueckux MSL-ko60pan3MOoB K NPOU3BOAHEIX rPYIHI BHTTa
Agtop:

Ananperckpii Asexceli CepreeBud, K.Q.-M.H., MIajmHii Hayyesii coTpygeuk naboparopun um. ILJL
YeGruunéna, CIIOTY

Aunoraims (pyc.):

[lonyyeno onucanue NpOM3BOAHLIX rpyrm Burra rpi MOMON{H CHELHATLHEIX JTHMHEHHBIX anrebpanyeckux
kobGopausmoB. [Toka3zano, uyto Jia raagkoro MHoroofpasua X 3amena Ko(HLIMEHTOB B Kosibiie MSL,""(X)
oToXAecTBAAET ero ¢ anrebpoit MHorouwnenos JIopaHa Hag KOMBHOM NMPOH3BOAHKIX rpyr Burra W(X).

AnnoTarps (aHr.);

We reconstruct derived Witt groups via special linear algebraic cobordism. There is a morphism of ring
cohomology theories which sends the canonical Thom class in special linear cobordism to the Thom class in
the derived Witt groups. We show that for every smooth variety X this morphism induces an isomorphism
between MSL,""(X) with the coefficient ring extended to W*(pt) and Laurent polynomial ring over the
derived Witt groups W'(X), where 1 is the stable Hopf map.




